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By the convergence theorem for psh functions [4] all the terms on the right converge as
currents, and the sum of their limits is

(ddu + 2)* — n(ddu+ Q)" AT + ... £ T" = (dd°u + w)™.

We note that all functions u in PSH(X,w), normalized by the condition supxu = 0 are
uniformly integrable. This follows from classical results in potential theory and psh-like
property as in [22]. Since such results seem to be important in a more general setting
(compare [29]) we give here a complete argument following quite closely the one in [18],
where the authors treat the Kahler case.

Proﬁ;)sition 2.1. Let u € PSH(X,w) be a function satisfying supxu = 0. Then there
exists a constant C dependent only on X, w such that

/X!ulw" <C.

Proof. Consider a double covering of X by coordinate balls B! cC B2 C X, s =
1,---,N. In each B? there exists a strictly plurisubharmonic potential p, satisfying
the following properties:

pslapz =0
(23) ’iTLfngs Z '“Cl
dd° Ps = Was > W,

where C; is a constant dependent only on the covering and w. Suppose now that there
exist a sequence u; € PSH(X,w), supxu; = 0 satisfying lim; e [ |uj|w™ = co. After
choosing subsequence (which for the sake of brevity we still denote by u;) we may assume
that

(2.4) /X |uj| w™ > 27

and moreover a sequence of points z; where u; attains maximum is contained in some
fixed ball B:.

Note that ps + u; is an ordinary plurisubharmonic function in B2 and by the sub mean
value property one has

(25)  ps(zg) = ps(zs) + uy(z) < Co /Bz ps(2) + u;(z)dA < Cs /Bz u;(z)dA + Cs,

where d) is the Lebesgue measure in the local coordinate chart, while Cs, Cs are constants
dependent only on B} and BZ. Thus (2.5) implies that for some constant Cy4 one has

(2.6) /BZ luj(z)|dA < Ch.

Consider the function v := Z;’il —12531 By classical potential theory this is again a w-psh

function or constantly —oo. By (2.6) however the integral of v over B2 is finite thus it is a

true w-psh function. Reasoning like in the fixed ball B2 we easily obtain that v € L!(B})

forany ¢t €1,---, N and hence v € L*(X). This contradicts (2.4), and thus the existence

of an uniform bound is established. O
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