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Axiom 1: All creatures are either blobs or glogs.
Axiom 2: All blobs are blue.
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Axiom 3: All glogs are green.



Axiom 4: All blue creatures have names starting with B.
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Axiom 3: All green creatures have names starting with G.



Proposition 1: All blobs have names starting with B.

1. Suppose X 1s a blob. 3. Since all blue creatures have names
starting with B, X’s name starts with B.

_ T Bob!
2. Since all blobs are blue, X is blue. 4. Therefore, all blobs have names
starting with B.
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Proposition 2: All glogs have names starting with G.

1. Suppose X 1s a glog. 3. Since all green creatures have names
starting with G, X’s name starts with G.

2. Since all glogs are green, X is green. 4. Therefore, all glogs have names

starting with G. T Caus!
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Proposition 3: All Bobs are blobs.

Tool: Contraposition I
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To pve all Bobs are blobs... Prove all von-blobs are now-Bobs.
1. Suppose X is not a blob. 2. Since all creatures are blobs or glogs,
X is a glog.
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Were not Bobs!
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4. Since B 1s not G, X 1s not a Bob.
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not Bob!
5. Therefore, all non-blobs are non-Bobs.
By contraposition, all Bobs are blobs.
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starting with G, X’s name starts with G.
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Proposition 4: All blue creatures are blobs.

@ 2. Since all creatures are blobs or glogs,

X is a glog.
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1. Suppose X is not a blob.

3 Since all glogs are green, X is green.
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4. Since no creature is both blue and 5. Therefore, by contraposition, all blue
green, X is not blue. creatures are blobs.
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Proposition 5: All green creatures are glogs.

@ 2. Since all creatures are blobs or glogs,
X 1s a blob.
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1. Suppose X is not a glog.

9 | / 3. Since all blobs are blue, X is blue.
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4. Since no creature is both blue and G. Therefore, by contraposition, all green
green? X is not green. creatures are glogs.
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Proposition 6: No creature 1s both blue and green.

Tool: Contradiction l_—_>«
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1. Assume for the sake of contradiction 2. Then at least one creature, X, is both
that some creatures are both blue and blue and green.
green.
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4. Since all green creatures have names 5. But since B is not G, this is a

starting with G, X’s name starts with G. contradiction.
T'm Gna! Who am 1777
\ y (e
" e
\V
3. Since all blue creatures have names 6. Therefore, no creature 1s both blue and
starting with B, X’s name starts with B. | green.
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Proposition 7: No blobs are glogs.

1. Assume for the sake of contradiction \l: ‘

that some blobs are glogs.
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3. Since all blobs are blue, X 1s blue.
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2. Then at least one blob, X, is also a glog.
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4. Since all glogs are green, X is green.
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6. Therefore, no blobs are glogs.

5. But since no creature is both blue and g @ @
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green, this is a contradiction.




Proposition 8: No Bobs are glogs.

1. Suppose this is Bob. 3. Since no blobs are glogs, Bob 1s not a
glog
_ T'm Bob!
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2. Since all Bobs are blobs, Bob 1s a blob. 4. Therefore, no Bobs are glogs.
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Proposition 9: Not all blobs are Bobs.

X . .
Tool: Counterexample O 2. Brenda is a blob. Brenda is not a Bob.
To prove wot all blobs e Bobs .. oodk for
Blobs T Bob! N
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Fnd o blob thed iswt n Bob.

1. This 1s Brenda. 3. Therefore, not all blobs are Bobs.
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Axiom 6: Creatures are happy if and only 1f they are generous.
(All happy creatures are generous. All generous creatures are happy.)
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Axiom 7: All unhappy creatures are blue.



Proposition 10: All Genes are happy.

1. Suppose this is Gene.
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2. All blue creatures have names starting

with B. By contraposition, all creatures
with non-B names are not blue. Therefore,
Gene is not blue.
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3. All unhappy creatures are blue. By
contraposition, all non-blue creatures are
happy. Therefore, Gene is happy.
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4. Therefore, all Genes are happy.



Proposition 11: All glogs are generous.

1. Suppose X is a glog.

3. Since no creature can be both blue
and green, X is not blue.
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4. All unhappy creatures are blue. By
contraposition, all non-blue creatures
are happy. Therefore, X is happy.

Joy
(D

s

6. Therefore, all glogs are generous.

5. Since all happy creatures are
generous, X 1S generous.



Axiom 8: All neighbors of blobs are blobs.
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Axiom 9: BOC\& 1S o V\bi%\/\\oor\noocg\ made of one L,on\-iauous street.

Axio\m 10 Bob Uves in House \.



Proposition 12: Every resident of Bog 1s a blob.

Tool: Induction

Step | (Bose Cemse): S\—of 2 (Twvduchve HGfDHM'S"S) :
Prove Yae resident of House | Assume thot Lo some 1, thae
s & blob. resident of FHouse wn s o blob.
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1. Since all Bobs are blobs, Bob is a blob. 3. Assume that for some number n < the

Populod-iom of 803, tHhe vesident
of House n is a blob.
DI

2 Then, the resident of House | 4. Since all V\Oc‘Q\/\th'S of blobs
s 0 blob. If Haere's only one vesdent,

ove blobs, the resvdent of House
wt re 0[.0\/\2, SO suﬂ:o’x. 'HAM‘C’S Move (V\H) 's aJ.so o \olo‘o
Han | resident.
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5. The Ist resident of 803 is a lblob.
If the ntr residkent is a blob, then the (n+1)th resident is a blob.
Therefore, no matter how many people live in Bog, every resident is a blob.
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